Abstract. We consider the problem to determine when a Toeplitz operator is bounded on weighted Bergman spaces. We show that Toeplitz operators induced by elements of some set are bounded and each element of the set is related with a Carleson measure on the weighted Bergman space.
Introduction
Let dA denote normalized Lebesgue area measure on the unit disk D. 
α . We note that Berezin transforms and Carleson measures are useful tools in the study of Toeplitz operators ( [2] , [4] , [5] ). Using those tools, many mathematicians working in operator theory are characterized the boundedness and compactness of Toeplitz operators.
In this paper, we prove that Toeplitz operators with special symbols are bounded and ∥uk α z ∥ p,α having vanishing property implies the compactness of the Toeplitz operator T α u . Section 3 contains some properties of special symbols, that is, each element of some set implies a Carleson measure and we deal with appropriate products of Toeplitz operators and Hankel operators. 
Unitary operator and example
A simple compactation shows that U α z is an isometry. 
Proof. It follows from the fact that
This completes the proof. □
We will show that the Toeplitz operators with special symbols are bounded. To do so, we need the following proposition, in fact, the following proposition holds for every linear operator on A 
Proof. Take any f, g in
and S has an infinite-dimensional range and S is an isometry and invertible, that is,
, lim z→∂D S(z) = 0 and hence the vanishing property does not imply the compactness of operators.
Toeplitz operators with special symbols
This section deals with Toeplitz operators with special symbols. We begin by constructing some set and show that each element of the set implies a bounded linear operator. Recall that P α is the orthogonal projection from
, here the last equality follows from Proposition 2.4. Thus T α u is the integral operator with kernel
Proof. Since k 
. If c is infinity, then trivially the inequality holds and hence
t . Proposition 2.4 and Lemma 3.1 and M K ⊂ M K imply that there is a constant c such that
t . This completes the proof.
□
Axler's paper ( [1] , Lemma 4) asserts that the last integral is finite. In Lemma 3.3, c is finite.
t . By the above observation and Lemma 3.3,
We define an operator H 
